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ABSTRACT: Using the effective field theory of quantum gravity at second order in curvature,
we calculate quantum corrections to the metric of gravastars and the closely related dark
energy stars. We find that the quantum corrections in the exterior region depend on the
equation of state of the gravastar, thus providing an example of quantum gravitational
hair. We continue by calculating the induced quantum corrections to the photon sphere and
the bending of light rays in the weak field regime. These corrections, albeit Planck scale
suppressed, allow in principle to distinguish these objects from black holes observationally.
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1 Introduction

The final state reached by stars with a mass larger than the Tolman-Oppenheimer-Volkoff
limit at the end of the gravitational collapse is generally expected to be a black hole. However,
black holes have several peculiar properties that are not yet fully understood. For example,
the presence of the singularity indicates a breakdown of general relativity, and it is generally
assumed that this singularity will be resolved by a theory of quantum gravity. Furthermore,
the presence of an event horizon causally separates the exterior from the interior at the classical
level. However, when quantum effects are taken into account, this feature becomes problematic
giving rise to the information paradox [1, 2]. Due to these and other paradoxical properties
of black holes, significant effort has been devoted to exploring potential alternative models
that could describe the final state of a gravitationally collapsed object, while remaining
consistent with current observational bounds.

To be a good candidate for a black hole mimicker, any such object must concentrate
its mass in a radius Rs = 2Gy M, while avoiding the formation of the event horizon and of
the singularity. Based on these and other considerations [3—7], Mazur and Mottola proposed
the model of a “gravitational vacuum star”, also called gravastar [8, 9]. As a star undergoes
gravitational collapse, the quantum vacuum undergoes a phase transition at or near the
location where the event horizon is expected to form, similar to the quantum liquid-vapor
critical point of an interacting Bose fluid [6, 7]. The interior of the critical surface at the
horizon is sustained by a fluid with negative pressure p = —p, separated from the exterior
Schwarzschild metric by a shell of material with equation of state p = +p.

For static and spherically symmetric solutions the exterior metric of a gravastar is the
same as that of a black hole down to the length scale of the shell. Therefore, it is very
difficult to tell them apart experimentally. For example, since the radius of a gravastar is
arbitrarily close to its Schwarzschild radius, the light it emits will be largely redshifted [10],



to the point that a gravastar is essentially indistinguishable from a black hole if we look
at electromagnetic radiation only.

Nonetheless, there are several proposed observational tests to differentiate between these
objects [11]. For example, in [12] the stability against axial perturbations was studied and it
was found that the eigenfrequencies of quasinormal modes indeed differ for the two objects.
Although the literature on these observational tests is extensive and growing larger [13-17],
as of now the question regarding the existence of gravastars remains unanswered.

In this work, we will add to this line of research by showing that the exterior metric of a
gravastar differs from that of a black hole, once the leading corrections from quantum gravity
are taken into account. In particular, we will focus on the unique effective action of quantum
gravity developed by Vilkovisky and Barvinsky [18-21], for which it has been pointed out that
the non-locality of this action gives rise to quantum gravitational hair [22-24]. More precisely,
we will show that the exterior geometry contains information about the equation of state in the
interior geometry. In contrast to earlier examples within this formalism, it turns out that this
type of quantum gravitational hair appears already at order r—3 in the asymptotic expansion.

This feature will in principle allow to distinguish various types of dark energy stars that
differ by their equation of state. Moreover, since Schwarzschild black holes do not receive
quantum corrections at second order in curvature [25, 26], this opens the door to a set of
new measurements to distinguish black holes from gravastars. As metric components are not
observable by themselves, we will also translate these metric corrections into corrections to
observables in the field of gravitational lensing [27-30], finding deviations from classical results.

This paper is organized as follows. In section 2, we introduce the gravastar and dark
energy star models. In section 3, we briefly review the quantum gravity effective action and
the modified Einstein field equations. In section 4, we find perturbative solutions to the
equations of motion, showing the presence of quantum hair in gravastars and dark energy
stars. Finally, in section 5, we compute the quantum corrected photon sphere radius of
gravastars and dark energy stars and also the angle by which light rays passing near these
objects are bent. We reserve section 6 for the conclusions.

2 Gravastars and dark energy stars

In the model proposed by Mazur and Mottola [8, 9], gravastars are composed of three
distinguished regions, with two infinitesimally thin layers at the junction surfaces.
The innermost region is described by the de Sitter metric:

ds* = (1 — H*r?)dt? — (1 — H*r*) 7 rdr? — r2dQ2, (2.1)

with
2 87Gnp _ A (2.2)
3 3

where A is the cosmological constant and the horizon is located at » = H~!. This core is

H

characterized by an equation of state with negative pressure p = —p, which counteracts
the gravitational pull and removes the singularity at the origin, since the strong energy
condition is not satisfied [31].
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Figure 1. Representation of the three-layer dark energy star model. Region I in blue is the interior
dark energy region (p = wp, w < —1/3), region II in gray and delimited by the two dashed lines is
the thin shell (p = +p), region III in white is the exterior Schwarzschild region (p = p = 0). The
thick lines correspond to the Schwarzschild and de Sitter horizons. The star radius is such that
2GNM < R, < HL.

The exterior region is assumed to be vacuum, and thus, due to Birkhoff’s theorem,
described by the Schwarzschild metric:

2G N M 2G M\ 1
ds? = (1 - GN) dt® — <1 _ 2w > dr? — r2d©?, (2.3)

T T

where M is the total ADM mass of the star.

The third region is given by a thick shell of material acting as a boundary between the
interior and exterior regions. The material has equation of state p = +p and is located
at a position such that we avoid the formation of both the Schwarzschild (Rg = 2GyM)
and de Sitter (Ry = H~!) horizons.

Several variations of gravastars have been extensively studied throughout the years [32-34].
In particular, a simplified model was proposed by Visser and Wiltshire [35], where the thick
shell of matter and the two junction surfaces are combined in a single infinitesimally thin shell.

In this work, we will be interested in a particular extension of the single thin-shell
gravastar model which gives rise to the concept of dark energy stars [7, 36]. In this model,
the de Sitter interior is generalized to a region governed by an equation of state

p=wp, with w<—1/3. (2.4)

The motivation for this model comes from the observed accelerated expansion of the uni-
verse [37-42], which suggests the existence of a cosmic fluid parameterized by an equation of
state with w < —1/3. We note that current observations suggest a value of w close to —1, in
which case the model reduces to the gravastar model discussed above.

Summarizing, we consider a three layer star, cf. figure 1, with:

I. an interior dark energy region, with equation of state p = wp and w < —1/3;



II. a single thin shell p = +p, with a radius R, such that 2GyM < Ry < H™!, in order to
avoid the formation of the event horizon;

III. an exterior Schwarzschild region, p = p = 0.

We take the interior energy density to be homogeneous. The total ADM mass M of the star
is given not only by the de Sitter vacuum but also receives a contribution from the thin
shell. Hence, M = M + My, where My, M;; denote the mass concentrated in regions I,II
respectively. In the remainder, we will assume that the latter contribution is negligible, such
that we can write M = Mj. The interior metric is then given by [36]

9 M —(143w)/2 2 M -1
ds® = (1 — G;i:g?g) dt? — (1 — G]i:gﬂ) dr® — r2dQ2. (2.5)

We can now proceed to compute the quantum corrected metric components of the
dark energy star.

3 Quantum gravity effective action

General relativity is perturbatively non-renormalizable [43, 44]. However, at energy scales
below the Planck mass M, = 2.4 x 10'® GeV, one can use the effective field theory to make
generic quantum gravity predictions. Here, we will employ the unique effective action of
quantum gravity developed by Barvinsky and Vilkovisky [18-21]. This effective action is
obtained by integrating out the quantum fluctuations of the graviton and possibly other
massless fields, and it is given by

I'=TI,,+Ir+TnNyL. (3.1)
The first term is the usual matter action:
| /d%« —g L. (3.2)

The local term, at second order in curvature, reads
M2
r= [day=g [;R T 1 ()R + ea() R R + 3(1) Ryuag B7 + 0<M,;2>] . (33)

where the prefactors ¢; are the Wilson coefficients and p is the renormalization scale. The
non-local part is

0 O
Ty = —/d4x\/jg {aRln (MQ> R+ SRy In (M2> R
O
Filwasin () B+ 00 6.0

where O := g, V¥V”. A discussion of the non-local operator In(CJ/ /ﬂ) acting on radial
functions can, for example, be found in [45, 46].



a p Y

Scalar 5(6¢6 —1)2 —2 2

Fermion -5 8 7
Vector —50 176 —26
Graviton 250 —244 424

Table 1. Non-local Wilson coefficients for different fields. All numbers should be divided by 1152072.
¢ is the value of the non-minimal coupling for a scalar theory.

The last term of the local action (3.3), containing the contraction of two Riemann tensors,
can be rewritten as a function of the Ricci tensor and Ricci scalar using the Gauss-Bonnet
topological invariant:

/ d*z/=g(R* — 4R, R™ + R,,apR"™*P) = 3202\ (M), (3.5)

where x (M) is the Euler characteristic of the manifold. Being a topological term, it does not
affect the equations of motion. In this way we may simplify the local action to

FL:/d‘l:c\/Tg[

where ¢; = ¢; — c3 and ¢y = co + 4cs.

R = P2 ~ v
167Gx +c R+ CQR/“/R R (36)

The values of the Wilson coefficients ¢; of the local part depend on the UV completion of
quantum gravity, and follow from a matching of the effective action to the UV-completion, see
e.g. [47]. The values of the non-local part are instead independent of the UV-completion [18,
19, 48] and can be calculated in a gauge invariant manner. The values for various types of
matter are listed in table 1. Denoting by Ny, Ny, N,, N4 the number of scalar, fermionic,
vector and graviton fields in the theory, we have in general

a = Nyag+ Nyay + Nyay, + Ngoyg . (3.7)

By varying the effective action with respect to the metric, one obtains the equations
of motion, see e.g. [46],

G + 167Gy (HL, + HN') = 87GN Ty (3.8)

where

1
Guu = R/u/ - iRgMV (39)

is the usual Einstein tensor and 7},, the energy-momentum tensor. The local part is given by

1
Hﬁy = 61 (2RRMV - 29uuR2+2gWDR—2VMVVR>
1 1 (3.10)
+co <2RauRua—29uyRa/3Ro‘ﬂ+DRW+2gu,,DR—VaVuRaV—VaV,,R°‘#) s

and the non-local part is

1 O
Hli\iL =2« (RW—49WR+gWD—V#V,,) In (MQ> R
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=8 (205, Rys — 590 R 5+ 579,60+ 9V V3= 5359, -5 V39, ) n (w) o
« 1 vV Do et o' O oT

—2’)/ (5(/LR5)07_49H R ﬂg7+(5ugya+5ygug)vﬂv7-> In (qu) Raﬁ . (311)

Note that variations of the In(0/u?) terms yield terms of higher order in curvature which
can then be neglected at second order in the curvature expansion [49].

We solve the equations of motion (3.8) perturbatively in the Planck length. That is,
we consider perturbations of the above metrics of the form

guu = Guv + h,uzza (3-12)

where g, is the classical background metric and the perturbation 5, is taken to be of order
O(lz). Additionally, we linearize the equation, such that the equations of motion (3.8) become

Gl h + 16712 (H L [g] + HYVFg]) =0, (3.13)
where the linearized Einstein tensor is given by
2Gf, = Ohyy — g 0h+ YV, Vuh = V. VPhys — V,VPh,s
+ 9wV VPhas + 2R, hag, (3.14)

and H ﬁy[g] and H ﬁ,L [g] are given, respectively, by (3.10) and (3.11). Once we have chosen
a given background we can solve for the perturbation.

4 Quantum hair in dark energy stars

We impose that the perturbation is spherically symmetric and time-independent as the
background metric and use the gauge freedom to set hgg = 0. We then find corrections
huw = dgiiy to the interior metric (2.5) given by

192wz§GNMn< R? )

int __
5gtt _[a+ﬁ+37_3w(a_7)] Rz;, Rg_rg

C
+ 71 +Cy + 2O(GM?) + O(1Y), (4.1)

Bl GyMr® €
RYR;—r%) v

Ogry = [l =) —w(Ba+ B +7)] +1; O(GRM?) + 0(),  (4.2)
where the integration constants C; can be set to zero if we require lim,_o d¢™ = 0, which
ensures that the metric is regular at the origin and that there is no rescaling of the time
coordinate. Moreover, O(lg) terms are due to the cut-off of the effective action, whereas
l; O(G% M?) terms come from linearizing the equations of motion.

By a similar calculation we obtain corrections h,, = gZ’;t to the exterior metric (2.3) with

1927 2GNM -
12l M [,y (1))
T

595t = [a+ B+ 3y — 3w(a — )] 73 )

C
+ 73 + O+ 2OGELM?) + 01, (4.3)

BATIZGNM Oy

ECE N 7+z§,(9(G?VM2)+0(zg), (4.4)

gt = [(a —v) —w(Ba+ B +7)]



where the integration constants C; can be set to zero if we require lim,_, 592’3 = 0, which
ensures that M is the ADM mass and that ¢ is the time measured by a stationary observer
at infinity, as usual.

Far away from the star, that is for r > R, the exterior metric corrections reduce to

128 712Gy M
59" = — o+ B+ 37— Bw(a =) L — + L O(GA M) + O(),  (45)
384Gy M
o9t = [0 =) —w@a+ B+ 7)) =L — + ZOGRMY) +O@),  (4.6)

whereas deep inside the star, that is for » < R, the interior corrections vanish at this order:
i i 2 2 272 4
Sgit = ggint = L, O(Gy M=) +O(l,) . (4.7)

All the metric corrections diverge in the limit € = [r — Rg| — 0%, This is because we act
with In([J), which is an infinite derivative operator, on a metric that is only once continuously
differentiable. The divergences are of two types:

PGNyM €
~ p 1 4.
Z2GNM 1
dy ~ L———. 4.9
2 RZ2 ¢ (4.9)

However, since we obtained these corrections solving the modified Einstein equations per-
turbatively in lg, we should require that these terms are small with respect to the classical
metric coefficients, namely:

GynM

V ~ . 4.10
; (4.10)

Hence, requiring d; < V leads to

~

b\ (Ir =Rl
Lhn(——>) <1 4.11
whereas for do, one obtains the condition
l2
—r <1, 4.12
Rs|r — Rg| ™ ( )

These two conditions are satisfied for € < [, since for a star we obviously have R, > [,
Hence, the metric corrections should be considered to apply only outside a layer of thickness
€ 2 lp around the star surface. Consequently, the corrected metric described above cannot
be used to study the stability of the model in the Israel-Lanczos-Sen junction condition
formalism [50-52], which aims to find the equilibrium position of the freely moving transition
layer at R, as is often done for gravastars. Indeed, such an analysis would require to study
a more refined model, where the density smoothly decays.

One expects that the divergences disappear, when the sharp transition between the
interior and exterior region is replaced by a smooth transition. Considering figure 1, this



would amount to extending the region II such that it smoothly interpolates between region
I and III. In this case we can no longer approximate Mj;; = 0, which will affect the
quantum corrections, leading to modifications of eqgs. (4.1), (4.2), (4.3) and (4.4). These
modifications will be given by a distribution that peaks around the transition region II. Thus,
the modifications of these results will be significant in and close to region II. However, they
will be suppressed by the thickness of region II in the deep interior and far exterior, such
that the results (4.5), (4.6) and (4.7) are recovered in the limit of vanishing thickness.

In order to estimate the effects of a finite thickness of region II on our main results (4.5)
and (4.6), we may distinguish two scenarios: a scenario where region I and II have the same
equation of state and a scenario where the equation of state is different in the two regions,
as for example proposed in the gravastar model. In both scenarios, the modifications can
easily be estimated due to linearization of the Einstein equations.

In the first scenario, one can approximate the effects by replacing the sharp transition
with a nested star model with radii Ry and densities p; for k € N, such that pr > pri1,
limg oo pr = 0, R1 = Ry, Ry < Rgy1 and limg_, Ry = Rjyj. This scenario was discussed
in ref. [23] where the effects on the subleading corrections at order 12 O(G% M?)/r* were
calculated. Following the same reasoning, it is clear that the leading corrections at order
lgG N M /73 will not be affected in this scenario. In the second scenario, on the other hand,
this leading term in the corrections (4.5) and (4.6) will be affected. Using the linearized
FEinstein equations one finds that such a modification will be given by

128712G N
0gii" == [(a+B+37) M =3(wr Mrtwi M) (a—y)] — 3= +LO(GE M) +0(1,),

(4.13)

384Gy
6g$;ft:[(a—'y)M—(wIM1+w11M11)(3oz+B+'y)]++Z§O(G?VM2)+O(Z§), (4.14)

where wy,wyrr, M7, My are the equation of state parameters and mass contained in regions
I and II. In the limit of vanishing thickness of region II, one obtains My = M — M; — 0,
such that egs. (4.5) and (4.6) are recovered, as discussed above.

In the remainder of this work, we will focus on the limit of vanishing thickness of region
IT and the region r > R, observed by an asymptotic observer. Taking the corrections (4.5)
and (4.6) as a proxy for the entire geometry, the asymptotic observer will find a shifted horizon
radius, which may affect the model as discussed in the previous section. The gravitational
radius Ry can be found by solving the condition

9" (Rg) =0. (4.15)
For our case this implies

3842 GNM[(a — ) — w(Ba+ 8 +7)]

—2GNM = — . 4.16
r N r2 ( )
We solve this equation perturbatively, which yields the shifted radius
96 12
_ _ p _ —
Ri =2GyM — ot [(@=7) —w@atB+7)]. (4.17)



The extra terms are subleading with respect to the classical result and will not affect the
basic features of the model described in figure 1. We emphasize, however, that this analysis
is performed using the asymptotic expansion for which the linearized Einstein equations
provide a good approximation. It is thus difficult to make definite statement about the
stability of the model within our approximation.

We highlight the important result that all of the corrections depend on the parameter
w of the equation of state. This is a clear example of a quantum gravitational hair: an
outside observer can recover information about the equation of state of the interior fluid by
probing metric corrections in the weak field region. This confirms that quantum hair is a
generic feature of the effective action of quantum gravity [22-24]. Remarkably, this type of
hair, that is the dependence on the equation of state of the star, appears already at order
(lgG NM)/r3. In previous works, on the other hand, the quantum corrections appeared at
the same order (I2GnM)/r?, but the hair, that is the dependence on the density of the
star, was only apparent at order (I2GyMRZ)/r°. Note that the latter type of hair can
also be found for the dark energy stars discussed in this paper, if different density profiles
are studied. However, it will be subleading compared to the former type of hair, i.e. the
dependence on the equation of state.

From an observational perspective this feature is potentially interesting, as it allows to
distinguish dark energy stars with a different equation by evaluating the quantum corrections
to the gravitational potential at infinity. We note that for w = 0 we recover the corrections to
the ball of dust studied in [46], as expected. Similarly, for w = —1, one obtains the gravastar
model. Since there are no quantum corrections to the potential for a Schwarzschild black
hole at this order in the expansion [25, 26], this would also allow to distinguish gravastars
from black holes by measuring the quantum corrections to the weak field metric.

5 Observables in gravitational lensing

Metric components are not measurable by themselves, therefore we will now calculate the
induced corrections to observable quantities. Here, we will be particularly interested in the
quantum corrections to gravitational lensing, that is the collection of all the effects caused by
a gravitational field on the propagation of electromagnetic radiation.

5.1 Photon sphere

Motivated by the images of the black holes Sgr A* at the center of the Milky Way [53-58]
and M87* at the center of the galaxy Messier 87 [59-62], we start by analyzing the quantum
correction to the photon spheres [30], that is photons moving along the unstable circular
orbit around the source.

Let us write the generic line element for a static and spherically symmetric metric as

ds® = f(r)dt* — g(r)"tdr® — r*(d6? + sin® 0d¢?). (5.1)

—

The two Killing vectors k=0 (associated to time translation invariance) and 7 = 0,



(associated to rotations around the z-axis) imply the existence of the two integrals of motion

dt
E=—kuu" = f(r)a, (5.2)
L = nyut = r*sin’(0) a¢ (5.3)

a )
where u# = dx*/d) is the photon four-momentum. Without loss of generality, we can
restrict the motion to be on the equatorial plane § = 7/2. Using then the condition
guwutu’ = 0, we find

f(r) (dT )2
— = V(ir,E,L)=0 5.4
g(r) d)\ + (T7 Y ) Y ( )
where the effective potential is given by
L2
V(r,E,L) = f(r)T—Q — E?. (5.5)
Circular orbits are obtained from
dr  d*r
v 0, (5.6)
which translates into the conditions for the potential
V(ry) =V'(rp,) =0. (5.7)

This defines the so called photon sphere at r, that gives raise to a gravitational lensing
generating infinitely-many images [63, 64]. Solving the first equation (5.7) for the impact
parameter b = L/FE and then plugging it into the second equation we find that the latter
is satisfied when

f'(rp)rp — 2f(rp) =0. (5.8)
It can be shown that any spherically symmetric and static spacetime with an horizon at

r = Ry and which is asymptotically flat must have a light sphere at a radius between the
horizon radius and infinity [65]. For the classical Schwarzschild metric (2.3) this is located at

rp =3GNM . (5.9)
For the quantum corrected dark energy star we have

2GNM 1287 I2GNM

r r3

f(ry=1 [a+ B+ 3y — 3w(a—7)], (5.10)

leading to

3207 lf, GnM
r2 ’

We can solve this equation perturbatively around the classical result r, = 3Gy M and obtain

r—3GNM =[a+ [+ 3y —3w(a—7)] (5.11)
the modified photon sphere radius

320 lg
9GNM
We emphasize that the above shift depends on the parameter w, allowing, in principle, to

rp = 3GNM + [a + B+ 37— w(a —7)] (5.12)

observationally distinguish dark energy stars with different equations of state. Moreover,
as black holes do not receive corrections at second order in Gy, the location of the photon
sphere also allows to distinguish gravastars from black holes.

,10,



5.2 Bending of light rays

Light rays passing near a massive object will be bent by an angle ¢ with respect to their
original trajectory. Using the metric (5.1) and working on the equatorial plane, we may
rewrite the condition that light rays move along null geodesics, i.e. g, uu” = 0, as [28]

d?u u? d
P Nl
T )+ = (51
where u = r~!. For the classical Schwarzschild metric we find
d*u 9

We solve this differential equation perturbatively, i.e. we first set the right-hand side to zero
and obtain the zeroth-order solution
sin ¢

- 5.15
=0, (5.15)

where R is the distance of closest approach to the origin. We can then plug this result in
the right-hand side of (5.14) and solve to obtain the first-order solution

sing 3GNM 1

At large distances r — oo, u — 0 and the deflection angle becomes small ¢ — ¢o,. We
can thus expand (5.16) as

b0  2GNM
_ 1
0= O 260 (5.17)
and the total deflection A¢gs, = 2|do| is
AGNM
Agoo = Gg , (5.18)

which is the very well known result of general relativity.
Repeating the calculation for the quantum corrected dark energy star, in the limit
r > Rs, we find the total deflection angle

AGNM N 10247rl§GNM[a+B+37 — 3w(a —7)]‘

Ade = —p 3R3

(5.19)

As the result depends on the parameter w, this deviation can also be used to observationally
distinguish dark energy stars with different equations of state, and to distinguish gravastars
from Schwarzschild black holes.

6 Conclusions

In this letter, we used the effective action of quantum gravity at second order in curvature
to compute corrections to the metric of gravastars and dark energy stars. This gives rise
to the presence of hair in the leading quantum gravitational corrections to these models,
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showing explicitly how the corrections to the exterior metric depend on the equation of
state of the interior fluid.

We then proceeded to study implications of the metric corrections for the gravitational
lensing, analysing how the modified metrics affect the radius of the photon sphere and the
deflection angle of light rays passing near a gravitational lens. We found that these quantities
deviate from the classical results by terms of order (’)(lf,G ~nM). The fact that these deviations
depend on the equation of state parameter w allows to observationally distinguish dark energy
stars with different equations of state from classical black holes.

It must be noted, however, that these effects are Planck scale suppressed with respect to
the classical results and therefore undetectable with current technology. It would thus be
interesting to investigate the possibility of the accumulation of such corrections, for example
over cosmological time scales. The study of such an accumulation will likely require to go
beyond the linear approximation employed in this work.

Moreover, we note that the results apply only to the case of non-rotating objects, whereas
the exterior of astrophysical black holes is better described by the Kerr metric. Extending our
results to this more general case is a non-trivial exercise, which requires a better understanding
of the In(0OJ/ ;ﬂ) operator on Kerr spacetimes. Furthermore, the equations that need to be
solved for finding the components of the perturbation h,, in the rotating case will form a
system of coupled differential equations both in the radial and angular coordinate. In future
work, it would be interesting to see if the quantum corrections for rotating objects can become
comparable to the classical results, in the case of very large angular momentum. Nonetheless,
the results for the non-rotating objects studied in this paper will still apply as a leading order
(in angular momentum) approximation to the case of a slowly rotating black hole.

Despite these two limitations, we conclude that the results presented in this work provide
a very clear example of quantum gravitational hair that is independent of the UV-completion
of quantum gravity. Moreover, the presence of this hair could not only help in tackling
theoretical questions [66, 67], but also opens up a new avenue towards distinguishing gravastars
from black holes. This could thus shed a new light on the viability of gravastar models as
alternative to black holes. Moreover, it opens up the possibility of performing similar studies
for other black hole mimickers, e.g. [68-70].
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